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PART 1 (Importance of the manuscript)

	
	Comments of the Reviewers
	Author’s Feedback

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	The manuscript provides a unified description of the order–divisor graph through the divisor structure of [image: ], connecting elementary number theory with algebraic graph theory. Its degree and edge formulas, together with the classification of the centre and complete multipartite cases, make the graph easier to analyse and construct. The worked examples and reported computational checks strengthen its explanatory value, although its research significance depends on establishing novelty beyond existing results for cyclic groups.
	



PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback (Revision of the Manuscript and Feedback of Authors are mandatory for Rating of 2 and 1)

	1. Is the title clear and appropriate for the study?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
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	2. Is the abstract of the article comprehensive?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2
	

	3. Are the keywords appropriate and useful?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2
	

	6. Is the literature review relevant and up to date?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	7. Is the research methodology appropriate for the study?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A
	

	9. Are the results presented clearly?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
	

	11. Does the discussion relate findings to existing literature?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
	

	12. Are the conclusions supported by the data?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2
	

	13. Are the limitations of the study discussed?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	1
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor
N/A = Not Applicable
	3
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor
N/A = Not Applicable
	4
	




PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment
	Author’s Feedback (It is mandatory that authors should write his/her feedback here)

	Is the title of the article suitable?
If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes, the title is suitable for this manuscript.
	



	Is the abstract of the article comprehensive?
If your answer is NO, please provide a brief, clear suggestion for improvement.
	No, the abstract lacks the knowledge gap, aim and objectives of the current study.
	

	Is the manuscript scientifically correct?
If your answer is NO, please provide a brief, clear suggestion for improvement
.
	No, the manuscript needs some improvement to be scientifically correct, as given below:

· Lemma 2.5 identifies the group with [image: ], so the graph under study is an order–divisor graph of a cyclic group of even order. Existing work by Rehman, Tahir, and Noor explicitly studies degrees, girth, and graph size for finite cyclic groups. The authors should compare their results theorem by theorem with this work and identify which statements are genuinely new, rather than new only in the chosen permutation notation.

· Correct the literature discussion and the group-isomorphism claim.
The introduction states that two finite groups are isomorphic if and only if their order–divisor graphs are isomorphic. This is false for the element-based definition used here. For example, [image: ] and [image: ] are nonisomorphic, but both have order–divisor graph [image: ]: in the former, the nonidentity order classes have sizes two and six; in the latter, all eight nonidentity elements have order three. In both graphs, only the identity is adjacent to every nonidentity element, and there are no edges among those elements. This follows directly from Definition 2.3. Moreover, the cited Chalapathi–Kumar paper uses subgroups as vertices, a different construction. The authors must explicitly distinguish these definitions.
· Recheck the comparison with power graphs. The introduction reports that the power graph has diameter two for every. [image: ]. This conflicts with the manuscript’s own cyclic-group identification: for [image: ] The group is cyclic of order 16, and its subgroups form a chain, so every pair of elements is power-related, and the standard undirected power graph is complete with diameter 1. The authors should check whether the cited paper uses a different definition or contains an error before repeating this comparison.
· Make the computational verification reproducible.
The manuscript reports verification for 107
primes but does not supply the program.
	



	
	Include the code, software versions, precise tests, and machine-readable results as supplementary material. Clarify whether the computations independently construct the graph from modular element orders before testing the theoretical formulas; this would make the checks more persuasive.
· Moderate the claim of determining “exact values of all the classical invariants.” The minimum-degree theorem gives a lower bound and an equality characterisation, rather than a simplified exact value for every prime. Either adjust the wording or provide a sharper, more general characterisation of the minimum degree.
· Replace “not multipartite” in Table 3 with “not complete multipartite.” The latter is the property actually classified in Proposition 4.10.
	

	Are the references sufficient and recent?
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	Yes, but there are some corrections needed in the references as given below:

· Correct the duplicated DOI in the references: the DOI listed for Chalapathi–Kumar is the DOI of the Rehman et al. paper. Verify all bibliographic metadata against the original
publications.
	

	Are there ethical issues in this manuscript?
(YES or NO)
(If yes, kindly please write down the ethical issues here in details)
	None detected.
	



Reviewer details:

Ngaka John Nchejane, National University of Lesotho, Lesotho
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