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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may 
be required for this part.
	The manuscript provides significant theoretical value by establishing unified closed-form solutions for a broad class of third-order nonhomogeneous linear recurrence relations with polynomial inputs. By systematically applying a general theorem to specific classical families-including third-order Jacobsthal, Graham, and Jacobsthal-Narayana numbers-the work extends foundational results in recurrence theory.
	




PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback 

	1. Is the title clear and appropriate for the study? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4=Good
The title accurately reflects the content. However, it is somewhat long and dense; a slightly more streamlined version could improve clarity without losing specificity.
	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3 = Satisfactory
The abstract correctly states the problem, the families studied, and the classification. However, it lacks a clear statement of the methodological innovation and does not mention the range of polynomial degrees or the key parameter.
	

	3. Are the keywords appropriate and useful?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
They are specific and useful for indexing.
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3 = Satisfactory
The introduction provides a broad context for recurrence sequences and cites the author’s own prior work (Soykan). However it does not engage with recent or alternative literature from other research groups, making the background somewhat insular.
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The scope is explicitly limited to the non-resonant case r=0
	

	6. Is the literature review relevant and up to date?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2 = Needs Improvement
The review is relevant but heavily reliant on the author’s own previous publications (Soykan [2]-[7]). There is minimal engagement with other established researchers in the field of higher-oder recurrences. The references are not demonstrably recent. This limits the perceived scholarly breadth.
	

	7. Is the research methodology appropriate for the study?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 = Excellent
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 = Excellent
The question is thus not applicable, and a top score is given by default.
	

	9. Are the results presented clearly? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable


	1 = Poor N/A = Not Applicable
There are no tables or figures. The manuscript is purely formula-driven. The inclusion of appropriate tables would greatly enhance clarity and utility.
	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2 = Needs Improvement
The manuscript lacks a dedicated “Discussion” section. The findings are presented as examples without comparative analysis or interpretation relative to prior work beyond the author’s own theorems. There is no exploration of how these closed forms relate to known identities or potential applications.
	

	12. Are the conclusions supported by the data?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
No contradictory evidence is present.
	

	13. Are the limitations of the study discussed?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2 = Needs Improvement
There is no discussion of computational complexity, domain restrictions, or potential issues with repeated roots or higher-degree polynomials beyond s=3.
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	2 = Needs Improvement
The reference list (based on in text citations [1]-[7]) is limited in number and almost exclusively cites the same author (Soykan).
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	4 = Good 
	




PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.

	Same reasoning as question 2.
	

	Is the abstract of the article comprehensive? 
s
If your answer is NO, please provide a brief, clear suggestion for improvement.

	Same reasoning as question 3.
	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement
.
	Yes, the mathematical derivations follow logically from the stated theorem. The formulas are internally consistent. However, due to the corrupted pages, a complete verification is impossible.
	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.

	Same reasoning as question 15.
	

	Are there ethical issues in this manuscript?
(YES or NO)

(If yes, kindly please write down the ethical issues here in details)

	NO ethical concerns are evident from the content provided.
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