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	PART  1: Comments



	
	Reviewer’s comment


	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript makes a valuable contribution to the scientific community by presenting an efficient and systematically developed collocation-based numerical method for solving Fredholm integro-differential equations (FIDEs), a class of problems that arise in many applied sciences and engineering disciplines. ince most FIDEs do not admit closed-form analytical solutions, the development of accurate and computationally stable numerical techniques is essential for advancing modeling and simulation in areas such as diffusion processes, population dynamics, and control systems. By employing Laguerre polynomials and a matrix inversion approach, the study demonstrates improved accuracy and competitive performance compared to existing methods, as validated through numerical examples. Therefore, the proposed framework not only enhances the toolbox of numerical analysts but also provides a reliable computational strategy for researchers working with memory-dependent and nonlocal mathematical models.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	The current title, “FREDHOLM INTEGRO-DIFFERENTIAL EQUATIONS: NUMERICAL SOLUTION USING COLLOCATION APPROXIMATION,” is generally clear and relevant to the content of the manuscript. However, it is somewhat broad and does not explicitly highlight the key of the paper, namely, the use of Laguerre polynomials within the collocation framework. Including this distinguishing feature would make the title more specific, informative, and attractive to readers.
A more suitable and precise alternative could be:

A Laguerre Polynomial Collocation Method for the Numerical Solution of Fredholm Integro-Differential Equations


	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract is clear and concise, but it is not fully comprehensive in its current form. While it briefly states that a collocation approximation method is used to solve Fredholm integro-differential equations and mentions that numerical examples demonstrate good performance, it omits several important elements that would strengthen its impact and clarity. First, the abstract should explicitly mention the use of Laguerre polynomials as the basis functions, since this is a central methodological contribution of the paper. Second, it would benefit from a more precise statement about the type/order of equations considered and the treatment of initial conditions. Third, the results section of the abstract could be made more quantitative by briefly indicating the level of accuracy or convergence behavior rather than stating only that it “competes favorably.” Finally, minor wording refinements would improve readability and academic tone (for example, replacing informal phrasing such as “inserted the result” with more formal language like “substituted into the approximate solution”). Overall, the abstract is structurally sound but would be significantly improved by clearly highlighting the novelty, methodological framework, and measurable performance of the proposed approach.
	

	Is the manuscript scientifically, correct? Please write here.
	Based on the material provided, the manuscript appears scientifically plausible and broadly correct in its overall approach: using a collocation approximation to reduce a Fredholm integro-differential equation to an algebraic system and solving for coefficients is a standard and acceptable numerical strategy, and the inclusion of numerical test problems with error comparisons supports the validity of the method. However, cannot certify full scientific correctness without checking every derivation step-by-step; a few items should be carefully verified before acceptance: (i) consistency and completeness of notation (the kernel, forcing term, and unknown function symbols should be clearly defined and used uniformly), (ii) equation numbering/consistency (there are places where the numbering and references to equations appear mismatched), (iii) the collocation point definition and implementation details (ensure the collocation nodes and basis functions are specified unambiguously), and (iv) correctness of the reported numerical tables (reproducibility of the error values and clarity about whether N or n is used, and how it relates to the polynomial degree and number of collocation points). If these technical consistency checks and reproducibility checks confirm the derivations and tables, then the manuscript can be considered scientifically correct in method and results.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references included in the manuscript are generally relevant to the topic of integro-differential equations and numerical methods, and they cover a range of techniques such as collocation, decomposition, wavelet-based, and polynomial approaches. However, the reference list is not fully up-to-date. While a few recent works (e.g., 2021–2022) are cited, many of the core references are relatively old, and the literature review would benefit from incorporating more recent studies (last 5–7 years) on spectral methods, orthogonal polynomial-based collocation, and numerical treatments of Fredholm integro-differential equations.

To strengthen the manuscript, the may consider adding recent publications from journals such as Applied Mathematics and Computation, Computational and Applied Mathematics, Journal of Computational and Applied Mathematics, and Mathematics. In particular, more recent works on spectral collocation methods, Laguerre and Chebyshev polynomial techniques for integro-differential equations, and error/convergence analysis of such methods would improve the scholarly depth of the paper. Additionally, including at least one or two survey or review articles on modern numerical approaches for FIDEs would help position the proposed method within the current state of the art.

Overall, the references are adequate but should be updated and slightly expanded to reflect recent advancements in numerical analysis of integro-differential equations.


	

	Is the language/English quality of the article suitable for scholarly communications?


	The overall language of the manuscript is understandable, but the English quality is not yet fully suitable for scholarly communication and requires careful revision before publication. While the technical content can be followed, there are frequent grammatical errors, awkward sentence constructions, inconsistent tense usage, and informal phrasing that reduce the professional tone of the paper. For example, some sentences lack clarity, punctuation is occasionally incorrect, and certain expressions (e.g., “inserted the result” or inconsistent capitalization such as “Integro-Differential Equations”) should be revised to align with standard academic writing conventions.
In addition, there are minor issues with subject–verb agreement, article usage (“the,” “a”), and consistency in notation and terminology throughout the manuscript. Some sections, particularly the Introduction and Results/Discussion, would benefit from restructuring to improve logical flow and clarity. It is strongly recommended that the manuscript undergo thorough language editing by a professional English editor or a fluent academic writer before submission or acceptance. After careful revision, the paper would be much more suitable for publication in a scholarly journal.
	

	Optional/General comments


	The manuscript presents a scientifically valid and relevant numerical approach for solving Fredholm integro-differential equations using Laguerre polynomial collocation. The method is reasonable, and the numerical examples demonstrate acceptable accuracy. However, several issues prevent the paper from being accepted in its current form. These include insufficient highlighting of novelty, limited recent references, lack of deeper error/convergence analysis, inconsistencies in notation and equation numbering, and significant language/English issues that require professional editing.

The work is potentially publishable after substantial revision addressing clarity, structure, literature positioning, and technical consistency.
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	Are there ethical issues in this manuscript? 
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