
	

	Journal Name:
	Asian Journal of Pure and Applied Mathematics

	Manuscript Number:
	Ms_AJPAM_2235

	Title of the Manuscript: 
	Generalized Multi-Parameter Furuta Inequality and Its Reverse

	Type of the Article
	Research


	PART  1: Comments



	
	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	The manuscript makes a meaningful contribution to the field of operator theory by presenting a broadened framework for Furuta-type inequalities through the introduction of multiple adjustable parameters. Such generalized inequalities are valuable because they unify several classical results, offer greater flexibility for analysis, and can potentially lead to sharper bounds in applications involving positive operators. The inclusion of reverse inequalities further enriches the theoretical landscape, providing tools for estimating operator expressions from both upper and lower directions. These results may stimulate additional research in matrix analysis, operator means, and functional inequalities, thereby advancing the mathematical foundations relevant to quantum information theory, numerical analysis, and other applied disciplines.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	Yes
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract lacks specific information on the roles of the newly introduced parameters and does not mention any applications or implications of the findings. It gives only a high-level summary and would benefit from more clarity and detail. Some suggestions include Stating the main motivation more explicitly; and the role of the extra parameters [image: image2.png](6, 0,0)



, 
	

	Is the manuscript scientifically, correct? Please write here.
	As the proofs are highly condensed, it is not possible to rigorously ascertain the correctness of the arguments. The author/s should expand the proofs.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	Authors should include more recent work. Essentially there are no references from 2010 onwards. Does it mean that no work has been carried out in the last decade and a half?
	

	Is the language/English quality of the article suitable for scholarly communications?


	Needs minor corrections. Authors are advised a spell check and grammar check.
	

	Optional/General comments


	I recommend major revision because, although the manuscript contains potentially valuable generalizations of Furuta-type inequalities, the presentation is not yet at the level required for publication. Several proofs are too condensed, relying heavily on earlier literature without providing sufficient intermediate steps to allow independent verification. The motivation behind introducing new parameters is not clearly articulated, and the abstract, introduction, and applications section require substantial strengthening to highlight the novelty and significance of the results. Additionally, the manuscript would benefit from improved structure, clearer notation, and more comprehensive references—including recent works. With significant revisions in clarity, exposition, and completeness, the paper has the potential to reach publishable quality.
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	Reviewer’s comment
	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in detail)

No
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