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	PART  1: Comments



	
	Reviewer’s comment
Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	
	

	Is the manuscript scientifically, correct? Please write here.
	
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	
	

	Is the language/English quality of the article suitable for scholarly communications?


	
	

	Optional/General comments


	Comments to the Authors
The manuscript analyzes a defined-contribution (DC) pension member’s investment plan with stochastic supplementary contributions under a GBM market. It formulates the problem via an HJB equation and applies Legendre transform/dual methods to obtain a closed-form optimal strategy and an 'optimal fund size,' followed by qualitative propositions. This topic is of practical interest for DC schemes in emerging markets. If the mathematical development is tightened and accompanied by numerical illustrations/calibration, the work could be of interest to the journal’s readership.

Strengths

• Novel focus on stochastic supplementary contributions within DC plans.
• Correct identification of the HJB framework and Legendre-dual method.
• Relevant to financial mathematics and actuarial modeling.

Major Concerns

• Equations contain placeholders and inconsistent numbering; all must be fully rendered.
• Control problem requires clear definition of admissible control set and boundary conditions.
• The CARA solution requires an explicit closed-form policy and value function.
• Propositions 1–7 need formal proofs and explicit parameter dependence.
• Lack of numerical illustrations and calibration; simulations or plots should be added.

Minor Concerns

• The introduction is overly broad; streamline and focus on the mathematical problem.
• Language requires editing for grammar and academic tone.
• References need updates to include recent literature and standard duality references.

Specific Recommendations

• Provide explicit wealth dynamics with contribution/payout streams.
• Justify the transition from HJB to dual PDE rigorously.
• Add a calibration/numerical example with baseline parameters.
• Strengthen the conclusion with limitations and future work directions.
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	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in details)
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