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	PART  1: Comments



	
	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript introduces a novel equivalence relation among bounded linear operators—n-Square Metrically Equivalent Operators—which significantly generalizes existing notions like metric, square-metric, and (n,m)-metric equivalence. By defining this new class and proving its structural and spectral properties, the work contributes meaningfully to operator theory and functional analysis. It opens up potential applications in areas that demand fine-grained distinctions between operator types, such as quantum mechanics and signal processing. Furthermore, the manuscript ensures that core properties like Bishop’s property, isoloid, and polaroid characteristics are preserved under this new equivalence, highlighting its robustness and mathematical elegance.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	The current title, "n-SQUARE METRICALLY EQUIVALENT OPERATORS," is adequate and informative, accurately reflecting the focus of the paper. However, for improved clarity and academic polish, I suggest the following alternative:

Suggested Title:
“On n-Square Metrically Equivalent Operators and Their Spectral Properties”


	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract is generally clear and presents the main contribution well. However, it could be improved by: Clarifying the scope of application and motivation and Stating key findings more explicitly.

Suggested Revision:

"We introduce a new class of bounded linear operators called n-Square Metrically Equivalent Operators, which generalizes square-metric equivalence for any positive integer n. This equivalence relation reveals deeper structural and spectral similarities among operators and forms an equivalence class. We investigate its interaction with known operator classes, such as n-square-normal operators, and demonstrate its stability under unitary transformations, direct sums, and tensor products. Spectral and functional properties like Bishop’s property and the isoloid/polaroid nature are preserved under this equivalence, highlighting its theoretical relevance in functional analysis."


	

	Is the manuscript scientifically, correct? Please write here.
	Yes
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	No, add latest published work (2025)
	

	Is the language/English quality of the article suitable for scholarly communications?


	There are some typo errors
	

	Optional/General comments
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	Reviewer’s comment
	Author’s comment (if agreed with reviewer, correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in details)
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